
 

26.2 Uniformasation ofmultiply connected domain

Ut R be a multiply connecteddomain Z besomept ihr
Dbe an angle in o 29 Then there is a unique univalent

map fzoo R SD where E is theangle of the slits
with the real axis Zo is mapped to a and theLaurent

expansion of themap at Z B of the form
fz o

Z z zo t a IZ Zo t 921ZZo t

For the mappingonto the parallel slit domain the classof
admissible function is theclass of all univalent functions in R
whichtakesthe aboveform for theLaurent expansion at 21
the funtimfz.no has the maximalvalue of Rei e
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2.7 Boundary correspondence

Prop2.7 I let f be a univalent map from Reston and

get
ZnE R be a seqwhichtends to thebdryof r



egg y y
then fitn tends to thebdry of N

C all accumulation pts are on thebdryof Rj
forany 2 ER there exist an E o and no CIN

Such that IZn ZIZE if n no ZnDaway
2it T t to fromay Eth

proof ht k be a compact set of R Then f 1k is a

compactset ihr and 7 no suchthot 2n tf 1K if u no
Then f 12N is not in k fitn tends to 2h

f K compact 7 no 2a 114
271 Accessible pts Hzy K for n no

Def27.2 An accessible bdry pt 5 of domain r is an
equivalence class of continuouscurves y o if r

which join a green pts c 2h with an arbitrary interior
point We assume it lies completely inside r except
at 7111 8

Smelt

Twocurves are equivalent if forany Mohd of f partof
the curves that inside U AR couldbejoinedbya continuous
curve there infare fBcB.rin

1214k a Accessible pts corresponding I
I i
several different accessiblepts I
127 For two accessible pts Big rohr

there are nbhds separating them my.rs
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but if there are infinitelymanyaccessible pts corresponding to
thesamebdryps.it uUbnoSiykro which

senerate a particular accessible pt fromall others
ex f o 0 21 12s 0 e 0 2
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1hm2.73 let r be a simply connected bolddomain in thecomplex

plane and f be a univalentmap R ID Then for

every accessible p t b themapfcanbe continuously
fi Moreover for distinct accessible

pts the images are different

Lemma 2M4 Kolbe let 2n Zn betwo sets in ID
converging to distinct pts S 5 on the unit circle

let rn be the Jordan are connecting Zn andZn inside
ID but outside somefixed nbhd of 0

Assume f analytic bold in ID and f converges uniformly
to 0 on rn I l En surf Ifl o



f o on ID
Jordan arc is the imageof an injective continuousmap
of a closedbdd interval Ea b totheplane

proof suppose f is not identically 0 Then either f lot to
or 70 0 is a zerooforder n c for f
Cforthe 2nd case we replace f in thefollowing proof

by f zn
For sufficiently large m c IN I 9 sectors of angle
ITymysuch thet the radii connecting 1 S are both

outsideof S
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by performing fields insteadof fits
we can assume the line bisecting S lies in the real line

take rn of Vn which is a simple curve thatcrossesS with

endptstying on two differentsides of S and there is no other

pt inVn lyingon the bdryof S
let Vn bethepartofrn connecting one oftheendptof theside
of sectorS with the first intersection ofVn with thereal
line

By reflectrontpricciple FIE is analytic in ID and bold

by En on Fn
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fTEllEEn on ri becausereflatimpriaap

GIZ fitsFTII analytic bold
reel on reel e.me imfVnandVn
MoTEti ocz 1412,1 E M En where M sup't
let F be the product to rotationof by 2TYm D

Fez pit e Z ceHiM z n n

Thefunction is analytic in IDand bold by En142M I

µ
n the region baldby

f he
closedcurve c formedby rotating

s vi Vin s p
by maximum principle
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